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A B S T R A C T   

Study region: Fensholt, Denmark. 
Study focus: Tile drains are commonly used in agricultural fields with loamy soils in Denmark to 
improve crop yield by removing excessive water. Spatial patterns of drain flows are controlled by 
the climate, geology, topography, and tile installation. We assessed the combined effect of 
topography and geology on spatial pattern of tile drain flows in 10 m resolution using numerical 
modelling. We developed three groundwater models using different geological models by inte
grating high-resolution data from geophysical methods with field estimated hydraulic 
conductivity. 
New insights: The mapping and modelling revealed small geological features of higher hydraulic 
conductivity in clayey-till. The results showed that the spatial patterns of drain flows to recharge 
ratio (drainage fraction, DF) are driven by topography; the models had a high DF in local de
pressions and a low DF in local hills. The DF was related to the Topographical Position Index 
(TPI), suggesting that the DF is controlled by small-scale topography both upstream and down
stream of the study area. We found that geology amplifies the spatial patterns of tile drain flows; a 
higher hydraulic conductivity relative to a lower hydraulic conductivity increases the change of 
tile drain flow for a one-unit change in the TPI. This was attributed to a change from small-scale 
flow systems to field-scale flow systems. The study suggested that topography helps to delineate 
high and low DF while geology controls the magnitude of DF. The study emphasized the 
importance of mapping and modeling of geology for managing moraine agricultural areas that 
can be found in parts of North America and Scandinavia for agricultural water management.   

1. Introduction 

Tile drainage systems consist of underground networks of perforated pipes that are used to remove excess water from agricultural 
fields to increase crop growth and soil health (Williamson and Kriz, 1970; Zucker and Brown, 1998). In Denmark, around 50 % of 
agricultural land is tile drained with a typical tile depth and spacing of 0.7–1.2 m and 20 m (Nielsen, 2015), respectively. Tile drains 
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not only play a critical role in regulating the hydrology at the field scale, but they can also significantly impact water quantity and 
quality at the watershed scale. For example, tile drains shorten the travel time in the subsurface, and increase the water volumes and 
nutrient loads to streams (Boland-Brien et al., 2014; Clement and Steinman, 2017; Schilling et al., 2012; Schilling et al., 2020) which 
can lead to downstream flooding and issues with the water quality like eutrophication (Clement and Steinman, 2017; Sloan et al., 
2017). Thus, a better understanding and quantification of groundwater discharge to tile drains at the field scale is important to water 
managers for sustainable water resource management and to prevent water quality deterioration. 

Haitjema and Mitchell-Bruker (2005) and Anderson et al. (2015) concluded that the groundwater tables are either recharge or 
topography controlled. Topography-controlled water tables are associated with low-permeable or anisotropic aquifers in regions with 
high recharge rates or flat terrain, while recharge-controlled aquifers are relatively permeable with an average recharge (Haitjema and 
Mitchell-Bruker, 2005). However, the objectives of these past studies were to understand the control of topography on groundwater 
levels and did not include studying the implications of tile drain flow generation. 

Tile drain flow generation is variable across both time and space controlled by a range of complex processes governed by 
topography (Hansen et al., 2019a; Mahmood et al., 2023; Motarjemi et al., 2021), geology (Hansen et al., 2019a), climate (Frederiksen 
et al., 2023; Kladivko et al., 2004; Motarjemi et al., 2021), and tile installation (Kladivko and Bowling, 2021; Sinai and Jain, 2005). 
While many past studies have investigated the control of the drainage system design (Helmers et al., 2022; Kladivko and Bowling, 
2021; Kladivko et al., 2004; Ross et al., 2016; Sinai and Jain, 2005) and climatic factors (Helmers et al., 2022; Kladivko and Bowling, 
2021; Kladivko et al., 2004) on tile drain flows, the impact of field hydrology and field characteristics such as hydraulic conductivity 
and topography are less explored (Ross et al., 2016). 

Among the studies concerning the impact of field characteristics on tile drain flow, most researchers have investigated either 
impacts of field characteristics on only the temporal dynamics of tile drain flow (De Schepper et al., 2017; Hansen et al., 2019b; 
Motarjemi et al., 2021), or the impacts of tile drains on hydrological fluxes in shallow depths (Hansen et al., 2019b). However, 
correlation of spatial tile drain flows with spatially distributed topography and hydraulic conductivity are not studied extensively. 
Motarjemi et al. (2021) examined the correlation of topographic indexes (TI) such as the topographical wetness index (TWI). However, 
the authors were unsuccessful in finding a correlation of catchment average TI and annual average tile drain flows for multiple field 
scale catchments, because spatial differences of TI and tile drain flows were not considered. Hansen et al. (2019a) considered spatial 
distribution of TWI and tile drain flows for correlation analysis, but found a weak correlation because a low spatial model resolution (of 
100 m) was not enough to capture the tile drain flow patterns on field scale. Boico et al. (2022) studied the impact of geological 
heterogeneity on the tile drain flow temporal and spatial dynamics. However, they did not study the interplay of topography and 
geological heterogeneity. Few studies conducted on tile drain flow modeling emphasized the importance of shallow geology up to 20 m 
depth (De Schepper et al., 2017; Hansen et al., 2019b; Hansen et al., 2019a). Mahmood et al. (2023) studied the correlation of 
topographical and geological variables on spatial tile drain flows. They found topographical variables such as the Topographical 
Position Index (TPI) and TWI to be important variables. However, the original resolution of the geological variables (100 m or 30 m) 
used in their study was much coarser than the topographical variables (10 m). Therefore, no significant correlation was found between 
geological variables and spatial tile drain flow. Past studies provide an understanding of the geological influence on the tile drain flow 
at field scale. However, the interaction of topographical and geological variables that control the spatial pattern in tile flow generation 
via distinct flow paths is still not fully understood or quantified. 

In Denmark, most agricultural land is tile drained with clayey till geology, however, among the clayey till geology heterogeneity 
still exists, e.g., high hydraulic conductivity lenses are present in the otherwise lower hydraulic conductivity clayey till (Kessler et al., 
2012). These sand lenses are of great importance for flow pathways (Nilsson et al., 2001). Thus, their representation in models is 
crucial to predict tile drain flows accurately. Different approaches have been used in the past for representation and translation of 
geological heterogeneity into hydrological models (Boico et al., 2022; De Schepper et al., 2017; Hansen et al., 2019b). However, none 
of these approaches focused on the representation of geological heterogeneity in the upper 5 m of the geological layers and its impact 
on the spatial variation of tile drain flows. Therefore, this study focused on the detailed representation of geological heterogeneity in 
hydrological models for shallow depths (0–5 m) that we hypothesize is the key to understand tile drain flows. Apart from studying the 
impact of heterogeneity on spatial distribution of tile drain flows, the novelty of our work included the use of a new approach in 
mapping and modeling of shallow geology using multiple geophysical instruments. First, the unique approach applied in this study 
combined geophysical data from two different geophysical instruments to obtain detailed in-depth 3D geophysical voxel model for the 
study area using a geostatistical method called Multi point statistics (MPS). Second, the 3D geophysical voxel model together with the 
hydraulic conductivity estimates were used to develop geological models that were fed into groundwater models. We also investigated 
the interplay between geology and topography on the spatial distribution of the tile drain flow, which has not been explored in detail in 
previous studies. 

The objectives of this study were: 1) to investigate the combined effect of topographical characteristics and geological heteroge
neity on the spatial pattern of the tile drain flows; and 2) to assess the effect of high hydraulic conductivity lenses on the spatial pattern 
of the tile drain flows. To achieve these objectives, we developed high resolution 3D geological models using high resolution 
geophysical data, and hydraulic conductivity measurements using slug tests at multiple locations and depths. Furthermore, to assess 
spatial patterns of the tile drain flow for different geological models, we optimized three groundwater flow model scenarios to simulate 
tile drain flows. Lastly, we explored the relation of spatial patterns of tile drain flow of three different geological models with TI. 

2. Site description 

The study site is located in a moraine landscape 20 km south of the city of Aarhus, Eastern Jutland, Denmark (55◦59′N 10◦4′ E,  
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Fig. 1. The location of the study site in Denmark (a) and the location of piezometers and tile drain outlet in the study site (b) conceptual model with the modelled area, digital elevation model and 
model grid (c). In Fig. 1b, the suffix D in the piezometer ID indicates deep piezometer with depth till 5 m and screen depth of 2–5 m while suffix S in piezometer ID indicates shallow piezometer with 
depth of 1.5 m screen depth of 0.4–1.5 m. The recharge and drain package are applied to full model grid. 
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Fig. 1a). The site lies within the larger Fensholt catchment (6 km2) covering an area of 28 ha (Fig. 1b). Approximately 87 % of the site 
area is used for tillage and is systematically tile drained. The topography is gently undulating, and the land surface elevation ranges 
from around 82 m above sea level in the southeast to 98 m in the northwest. The geology consists of a 15–30 m thick cover of 
Quaternary glacial deposits composed of clayey and sandy sediments. The predominant soils in the study area are morainic clays (De 
Schepper et al., 2017) and the soil texture is primarily sandy loams (Varvaris et al., 2018). The climate is characterized by mild winters, 
cool summers, and frequent precipitation, with an annual precipitation of 870 mm/yr (unpublished data for 2012–2017). The average 
groundwater recharge is estimated to be 420 mm/yr (unpublished data for 2012–2017). The recharge data was calculated previously 
from the EVACROP model (Olesen and Heidmann, 2002) where evapotranspiration is subtracted from the precipitation (simulated 
daily recharge is given in Fig. 6). The agricultural area is completely rain-fed so no irrigation methods are used in this study area. There 
were 14 piezometers installed in the study area (black dots in Fig. 1b): 7 deep piezometers and 7 shallow piezometers. The deep 
piezometers were screened between 2 and 5 m while the shallow piezometers were screened between 0.4 and 1.5 m. Tile drain flow 
from the whole study area was collected at the drain station (see location in Fig. 1b) using flow meter at sub-daily intervals. The data 
was obtained as pulses (1 pulse =100 litres), which were summed for the whole day and tile drain flow of the whole study area was 
calculated. 

Fig. 2. Geophysical sounding position (a) and cross-sectional view (b). The light blue color indicates DualEM-421 s sounding positions, and the dark 
blue color indicates tTEM soundings (a). The cross-sectional view of dense DualEM-421 s′ recovered resistivities are from 94 m to 88 m elevation. 
Electrical resistivity from 94 m to 70 m indicates tTEM recovered resistivities (b). In Fig. 2b, the left side indicates north of the cross-section and 
right side indicates south of the cross-section. The black line in the cross-section indicates the depth of reliable DualEM-421 s recovered resistivities. 
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3. Materials and methods 

3.1. Mapping and modeling of geology 

3.1.1. Geophysical mapping and recovered resistivities 
The site was intensely mapped with two surface geophysical methods: a Frequency-domain Ground conductivity meter system 

(DUALEM-421s) for the shallow subsurface (0–5 m depth) (McNeill, 1980) and a Time-domain towed-transient electromagnetic 
method (tTEM) for the deeper geology (5–80 m depth) (Auken et al., 2018a). The datasets for the DUALEM-421s and tTEM were both 
collected using an ATV providing continuous data, which were later processed to individual soundings at certain intervals. The two 
data sets were processed and inverted independently. The data were inverted using a pseudo-3D spatially constrained inversion 
(Viezzoli et al., 2009) setup based on a 1D forward algorithm with a sharp model formulation (Vignoli et al., 2015). This setup was 
recommended by Christiansen et al. (2016) and Frederiksen et al. (2017). The DualEM-421s instrument collects data at 9000 Hz at 3 
different coil-separations giving 6 data points per sounding in total (DUALEM-INC, 2021). While driving the ATV along a line, the 
soundings were acquired for DualEM-421 s at a distance of 1 m and the spacing between two parallel lines was kept around 11 m 
(Fig. 2a). A total of 25,407 DUALEM-421 s soundings were collected. The tTEM instrument is a time-domain electromagnetic in
strument where a transmitter coil and a receiver coil are pulled by an ATV (Auken et al., 2018b). The tTEM data were collected using 
two magnetic moments giving a total of about 25–30 data points, depending on the signal to noise level. While driving the ATV along a 
line, the recovered resistivities of the tTEM soundings were acquired at 10–13 m, and the distance between the lines was about 22 m 
(Fig. 2a). The total number of tTEM soundings were 2151. 

3.1.2. Gap filling and development of a 3d geophysics voxel model 
Recovered resistivities of the DualEM-421s and tTEM were obtained in the form of 1D models at each sounding position. The 

sounding positions are spaced differently for tTEM and DUALEM-421 s (explained in Section 3.1.1), and the 1D models had a different 
depth discretization. Moreover, parts of the site were not mapped due to fences and pavement, constituting 13 % of the site (Fig. 2a). In 
order to prepare the geophysical model to inform the hydrological model, we needed to build a complete 3D model. Therefore, the gaps 
in coverage of the recovered resistivities were filled in two steps. First, the recovered resistivities were interpolated to a uniform 3D 
grid by S-GeMS, (Remy, 2005) using kriging, which was discretized into 10 by 10 by 1 m voxels (x, y, z, respectively) to cover the same 
volume as the groundwater model (see Section 3.2). As indicated in Section 3.1.1, we used model information from DUALEM-421 s for 
the first 5 m and information from tTEM for 5–80 m depth. Second, the gaps in the 3D voxel model were filled using the known 
complex geological patterns of the area by the MPS algorithm ‘Direct Sampling’ (Daly and Caers, 2010; Mariethoz et al., 2010). We 
used MPS because it captures complex geological patterns using training images from the study area that other interpolation methods 
such as kriging and inverse distance weighting cannot capture to the same degree. This characteristic is specifically important to 
capture heterogeneity in the geological models (Atkinson and Lloyd, 2010). We chose the MPS method - direct sampling because it is 
fast and easy to use, but many other MPS algorithms could have been used equally well. The total depth (z) of the voxel model was 
80 m and it was later used as the skeleton of the different geological models. 

3.1.3. Hydraulic conductivity estimation 
The purpose of estimating hydraulic conductivity at different electrical resistivities was to quantify the ranges of hydraulic con

ductivity values that can be found in the area. The hydraulic conductivity up to 0–5 m soil depth was estimated using slug tests 
(Cheremisinoff, 1998) in areas with low and high electrical resistivities. A slug test refers to restoring the hydraulic head to its 
equilibrium state after introducing a sudden change in the hydraulic head of a well. In the current study, this abrupt change was caused 
by removing water from the well. The recovery of water heads towards the equilibrium head level was measured as a function of time. 
We used the Hvorslev method to estimate the hydraulic conductivity (Cheremisinoff, 1998; Schwartz and Zhang, 2003). 

In Eq. 1, the drawdown ratio is used, which is the ratio of drawdown st at any time ‘t′ to the initial drawdown ‘s0’ when the test starts 
at ‘t0’ (Ht = st/s0). The drawdown ratio is plotted with time on a semi-log scale (where drawdown ratios are plotted on a logscale, and 
time is plotted on a normal scale). A straight-line is fit in order to find the slope, which is required to calculate K from the equation 
(Cheremisinoff, 1998; Schwartz and Zhang, 2003). 

K =
R2

2L(t2 − t1)
.ln

(
L
R

)

.ln
(

H1

H2

)

for
L
R
> 8 (1)  

Where, L is the length of screen, R is radius of piezometer, t1 and t2 are time and H1 and H2 represent the drawdown ratios at time t1 and 
t2. 

The slug test was performed in 7 piezometers with a screen depth of 0.4–1.5 m (with suffix ‘S′ in Figs. 1b) and 7 piezometers with a 
screen depth of 2–5 m (with suffix ‘D′ in Fig. 1b). The pressure transducers were installed in the piezometers to collect data in 10 min 
interval for the slug test. The recovery of the water level was recorded as a function of time using data loggers every 10 min. These 
hydraulic conductivity estimates were used to determine the average low and average high hydraulic conductivity of the Fensholt-D3 
drain site. The slug test experiment was repeated 3–5 times for each piezometer to obtain statistically sound hydraulic conductivities. 

3.1.4. Translation of electrical resistivities into hydraulic conductivity 
For the development of the geological models, we assumed that soil properties can be interpreted from electrical resistivity 
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Fig. 3. Schematics showing example of DualEM-421 s sounding depth intervals and piezometer’s screen depths. The aerial view of the dualEM-421 s and piezometer is given in (a). The cross-sectional 
view of the dualEM-421 s soundings with its resistivity intervals and piezometer screen depths is given in (b). 
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measurements. Hansen et al. (2019b) and Boico et al. (2022) also used this approach to delineate high and low hydraulic conductivity 
zones. Therefore, to convert the voxel model into different geological models and to determine hydraulic conductivities of the 
geological models, we compared the hydraulic conductivity estimates from the piezometers (0–5 m of soil) with its corresponding 
electrical resistivity data (Fig. 4). Moreover, the link between electrical resistivity, geology, and hydraulic conductivity was supported 
by borehole sediment logs of the study area. Two aspects had to be addressed for this comparison. First, the recovered resistivities 
obtained from the DualEM-421 s were more accurate and denser than the recovered resistivities of the tTEM for 0–5 m depth. 
Therefore, we only used DualEM-421 s measurements for the comparison of hydraulic conductivities and electrical resistivities. The 
recovered resistivities from the tTEM and the geophysics voxel model, were not used for this comparison. Second, the depth dis
cretization of the DualEM-421 s and the hydraulic conductivities were not directly comparable. The recovered resistivities of the 
DualEM-421 s were distributed in a 3-dimensional space with a non-uniform depth spacing (see Fig. 3b). The hydraulic conductivity 
estimates at screen depths of 0.4–1.5 m for S piezometers and 2–5 m for D piezometers were not directly comparable to the depths of 
the DualEM-421 s (see Fig. 3b). To address this concern, we first calculated the geometric mean of electrical resistivities using a 6 m 
radius (x and y dimension, see Fig. 3a) at each depth interval of the DualEM-421 s. Then, a weighted average of electrical resistivity of 
the DualEM-421 s was taken by the fraction of depth (z dimension) corresponding to screen depths of the piezometers. The 6 m radius 
was selected to ensure that there were at least three neighboring DualEM-421 s electrical resistivity points for each piezometer. 

3.1.5. Geological model scenarios 
After comparing the hydraulic conductivity with its corresponding electrical resistivity, we determined two hydraulic conductivity 

groups for both high and low electrical resistivity areas. As the aim of the study was to assess spatial patterns of tile flow generation in 
different geological and topographical characteristics, three different geological models were tested: 

Simulation 1: ‘Uniform Low K′: geological model with homogeneous low hydraulic conductivity. 
Simulation 2: ‘Uniform High K′: geological model with homogeneous high hydraulic conductivity. 
Simulation 3: ‘Distributed K′: geological model with high hydraulic conductivity lenses. For the distributed K, the voxel geophysics 

model was utilized to separate high and low resistivity areas using a specific electrical resistivity threshold. High hydraulic conduc
tivity was assigned to high resistivity areas (areas with electrical resistivity above threshold value), and low hydraulic conductivity was 
assigned to low hydraulic conductivity areas (areas with electrical resistivity below threshold value). 

The relation of the mapped electrical resistivity with the estimated hydraulic conductivity for the 14 piezometers helped to 
establish a group with low hydraulic conductivity values and a group with high hydraulic conductivity values. Both groups are shown 
in Table 1 and Fig. 4. The three geological models served as the baseline for three distinct hydrological model scenarios. 

3.2. Groundwater model setup and evaluation 

3.2.1. Model design 
A transient groundwater model was constructed using MODFLOW 6 (Langevin et al., 2017). The simulation period was from 

01-Apr-2013–31-Mar-2016, where the first year was used as a warmup period, the second year was used as a calibration period, and 
the third year was used as a validation period. The three-dimensional model applied a uniform horizontal nodal spacing of 10 m with 
120 rows (north to south) and 140 columns (east to west). Topography is included in the model discretization package. The model area 
was kept larger than the actual study area to allow lateral flows in and out of the site. No flow boundary was applied at the outline of 
the modelled area shown in Fig. 1c. Drainage and recharge was represented in the whole model grid as a head dependent flux 
boundary. Water entered the groundwater system as a uniform recharge to the water table (whole model grid). As recharge was 
calculated for the study area using the EVACROP model, therefore, the unsaturated flows were not simulated in the groundwater 
model. The model was simulated as an isotropic and an unconfined aquifer. The model had six layers: the upper five layers were 1 m 

Table 1 
List of the electrical resistivity estimates from DualEM-421 s and the hydraulic conductivity estimates from the slug test for the 14 piezometer 
locations.  

Piezo 
ID 

Screen 
depth (m) 

Mean electrical 
resistivity (Ωm) 

Mean hydraulic 
conductivity (m/d) 

No. of 
slug test 

Group division using 50 
Ωm threshold 

Average hydraulic conductivity 
of groups (m/d) 

1d 2–5  32.9 2.96E-03  6 Group 1 (Low hydraulic 
conductivity)  

0.003  
2d 2–5  29.9 3.72E-03 4  
3d 2–5  33.4 3.78E-03 6  
4d 2–5  35.2 5.50E-04 5  
5d 2–5  34.9 3.85E-03 7  
6d 2–5  35.7 1.26E-03 6  
7d 2–5  48.9 4.54E-03 3  
1s 0.4–1.5  31.6 6.05E-03 7  
2s 0.4–1.5  44.7 1.70E-03 5  
3s 0.4–1.5  35.5 1.93E-03 6  
4s 0.4–1.5  43.3 1.95E-02 6 

5s 0.4–1.5  96.5 4.33E-02  5 Group 2 (High hydraulic 
conductivity)  

0.21  
6s 0.4–1.5  87.1 3.54E-01 3  
7s 0.4–1.5  72.9 6.32E-01 5  

H. Mahmood et al.                                                                                                                                                                                                    



Journal of Hydrology: Regional Studies 50 (2023) 101599

8

thick, while the bottom layer was 15 m thick. Based on our analysis (can be verified from Fig. 2b, Fig. 5b) and past studies in the study 
area (De Schepper et al., 2017; Hansen et al., 2019a), the study area has a thick clay layer below 15–20 m depth, so layers below 20 m 
depth were not included in the model. 

MODFLOW 6 has a drainage (DRN) package to simulate the effects of agricultural drains. The DRN package in MODFLOW6 is based 
on the principle of a head-dependent flux boundary rather than representing actual drainpipes. With this boundary condition, if the 
groundwater head (h) in the cell falls below the drain depth (HDRN), the flux (Q) from the model cell to the drain drops to zero. If h in 

Fig. 4. Scatterplot of electrical resistivity vs hydraulic conductivity.  

Fig. 5. Geophysics voxel model aerial and cross-sectional view. The aerial view of the top layer of the geophysics voxel model with delineation of 
high hydraulic conductivity lenses (a). Fig. 5b indicates the cross-sectional view of the black dashed line in (5a). In Fig. 5b, the left side indicates the 
north of the cross-section and right side indicates the south of the cross-section. 
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the cell rises above HDRN, Q is linearly dependent on a specified drain conductance (CDRN) and the difference between the head (h) and 
HDRN (Langevin et al., 2017) is calculated as:Langevin et al. (2017). 

Q = CDRN(h − HDRN) (2) 

The depth, spacing, and location of drains were unknown in the study area. The drains were represented in all nodes around 10 m 
apart in model layer 1 at 0.9 m depth with the assumption that all fields that need to be drained have active drains. The exact location 
of tile drains is important to include in the model, however, we knew that in our catchment tile drains were everywhere. Therefore, we 
believe it was a valid assumption that all areas that should be drained are drained. The drains were only activated when the water level 
was above draining depth at a particular time. Schilling et al. (2019) and Mahmood et al. (2023) have also used similar approach for 
studying tile drain flows. As the drain depth (HDRN) and drain conductance (CDRN) were also unknown in the study area, a HDRN value 
(0.9 m) and a CDRN value (10 m2/day) were taken from literature (Hansen et al., 2013; Hansen et al., 2019a). In the model, water 
which is drained from a grid cell is considered to exit the model and cannot re-infiltrate in the model grid cell downstream. 

3.2.2. Model calibration 
The model was calibrated for a specific yield (Sy) and a specific storage (Ss) using the Parallel Pareto archived dynamically 

dimensioned search (ParaPADDS) algorithm (Asadzadeh and Tolson, 2013; Matott, 2017) in OSTRICH tool (Matott, 2017). OSTRICH is 
a model-independent optimization tool that includes different multi-objective optimization algorithms and ParaPADDS is one of the 
many algorithms used for multi-objective function optimization (Asadzadeh and Tolson, 2013; Matott, 2017). ParaPADDS determines 
a Pareto-front, which enables the evaluation of trade-offs between multiple objective function groups without the need to assign 
weights to these groups before calibration. For our calibration, we utilized two objective function groups: Kling-Gupta efficiency (KGE) 
and percentage bias (PBIAS), between the daily simulated and observed tile drain flow at the outlet. KGE and PBIAS were included in 
the objective function because they serve different purposes. KGE is used to evaluate the temporal dynamics of the tile drain flow, 
while PBIAS is used to determine whether the model over-estimates or under-estimates the simulated tile drain flows. The Sy and Ss 
parameters were optimized as calibration parameters. All three groundwater model scenarios; Uniform low K, uniform high K and 
distributed K, were calibrated separately. After calibration, the model scenarios were run for a validation period from 
01-April-2015–31-Mar-2016. 

3.3. Data analysis 

To assess the effect of topography and geology on the tile flow generation we (1) computed the drainage fraction (DF) and two 
topographical indices (TI) in a 10 m x 10 m resolution for the study, and (2) calculated the Pearson correlation between the DF and the 
two TIs. 

The DF was calculated for each model scenario to analyze differences in tile drain flows in different geological models. The DF is the 
ratio between tile drain flow and recharge. It was calculated for the simulation period for each cell for the top layer (layer 1) in the 
models, as it is the layer where recharge takes place and where the drains are located. The DF is calculated as 

DF =

∑N
t=1d

∑N
t=1r

(3) 

In Eq. 2, d is the tile drain flow volume at a specific cell, r is the groundwater recharge volume at a specific cell, t is the stress period 
(day), and N is the total number of stress periods (365 days). The DF becomes zero when there is no discharge to recharge, and it 
becomes one when all recharge is the same as drains. The DF can be above 1 due to lateral fluxes from neighboring cells or upward 
fluxes from deeper layers. The DF was calculated for each model scenario to analyze differences in tile drain flows in different 
geological models. 

The two topographical indices, the Topographical Position Index (TPI) and the Topographical Wetness Index (TWI), were 
computed using the digital elevation model. The TPI relates the elevation of a pixel to the average elevation of the neighboring pixels 
within a certain radius (70 m in this study) (Gallant and Wilson, 2000). A negative TPI value indicates local valleys, and a positive TPI 
value indicates local hills. 

TWI relates the upslope contribution area with the slope (Mattivi et al., 2019) and is calculated as: 

TWI = ln(
x

tan(y)
) (4)  

where x is the upslope contributing area and y is the slope in radians. A high TWI indicates that more water accumulates in that cell. 

4. Results and discussion 

4.1. Mapping and modelling of geology 

The electrical resistivity models of the tTEM and DualEM-421 s are shown in Fig. 2b. The electrical resistivities ranged from 20 Ωm 
to 120 Ωm. Relatively high electrical resistivity above 50 Ωm was observed in 0–3 m of the soil, while lower electrical resistivities were 
observed with depth. The tTEM model below 20 m depth showed the lowest resistivity value of 20 Ωm in the study area (in Fig. 2 below 
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75 m elevation). The low electrical resistivity around 20 Ωm indicated the presence of a thick clay layer (aquitard). It is also clear that 
the recovered resistivities of the DualEM-421 s detected a detailed variation in electrical resistivity up to 5 m depth, which could not be 
distinguished in the tTEMs’ recovered resistivities (see Fig. 2b). 

The results of the 3d geophysics voxel model are shown in Fig. 5. Fig. 5a shows the aerial view of the first layer of the voxel model. 
The geophysical data gaps in the central and southern part of the study area were filled in the voxel model. The north and north- 

Fig. 6. Hydrographs of the daily simulated tile drain flow, the observed tile drain flow and the observed recharge for model simulations, Uniform 
low K, Uniform high K, Distributed K. All three model scenarios were successful in predicting the tile drain flow dynamics and volumes of the study 
area. Despite the good model performance, the model scenarios produced different DF values. 
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western part of the study area depicted a high electrical resistivity while the central and southern part of the study area showed a low 
electrical resistivity (Fig. 5a). Like the recovered resistivity results (Fig. 2), the cross-sectional view of the 3d geophysics voxel model 
also showed high electrical resistivities of above 50 Ωm at 0–3 m depth and low electrical resistivity below 50 Ωm below 3 m. The 
electrical resistivity was the lowest in the study area below 20 m depth (at 75 m elevation, Fig. 5b). 

The comparison between hydraulic conductivity estimates from slug tests and electrical resistivity measurements from the 
DUALEM-421 s showed a trend of high hydraulic conductivity values in high resistivity areas and low hydraulic conductivity values in 
low resistivity areas. The hydraulic conductivities were between 10− 4 and 101 m/d, with most values around 10− 3 m/d (Table 1), 
which fits adequately with the clayey till in the area. 

Two groups were established, one with low hydraulic conductivity values (0.003 m/d, group 1) and a group with high hydraulic 
conductivity values (0.21 m/d, group 2). Both groups are shown in Table 1. 

For the delineation of the high hydraulic conductivity lenses in the area, the threshold of 50 Ωm electrical resistivity was arbitrarily 
selected. There were no hydraulic conductivity estimates between the 50 Ωm to 70 Ωm electrical resistivities (shown in Table 1) and 
the main aim of the study was to assess the influence of geological heterogeneity and topography on the DF. Therefore, we believed 
selecting any threshold between a 50 or 70 Ωm electrical resistivity would support the aim of the study. 

4.2. Groundwater model performance 

The three models matched the observed daily tile flow with a few offsets in the magnitude of the peaks (Fig. 6 and Table 2). The 
optimized parameters for the three models were slightly different, but within acceptable ranges, except for the Sy value of uniform high 
K (Table 2). The Sy value is lower than what is expected for a high hydraulic conductivity scenario, however, it is consistent with the 
characteristics of the study area – being clay dominant with a small proportion of high hydraulic conductivity lenses. In the distributed 
K, the Symax value was closer to reality for the high hydraulic conductivity zone as suggested in Heath (1983) and Johnson (1967). All 
three model scenarios depicted a similar trend in the timing of the tile drain flow (KGE values from 0.73 to 0.90) and the volumes 
(PBIAS values from –3.39 to 0.94) between the simulated and the observed tile drain flow. KGE and PBIAS were both best optimized for 
distributed K. PBIAS was negative (that is, on average the simulated tile drain flow is less than the observed tile drain flow) for uniform 
high K and positive for distributed K and uniform low K. However, all model scenarios were able to predict the tile drain flow 
dynamics. 

In the validation period, all model scenarios were still within an acceptable range. The timings of the tile drain flow (KGE values 
from 0.66 to 0.84) and volumes (PBIAS values from 4.75 to 6.95) showed similarities between the simulated and the observed tile drain 
flow. However, the PBIAS indicated an overestimation in volumes for all model scenarios. 

4.3. Spatial patterns in tile flow generation 

The model scenarios had similar spatial patterns of DF in uniform high K and uniform low K (Fig. 7). However, the introduction of 
high hydraulic conductivity lenses in the distributed K scenario significantly changed the DF distribution as it showed a combination of 
DF from uniform low K and uniform high K. On a local scale, the models had a higher DF in topographical depressions and a lower DF in 
topographical highs. 

The model scenarios, however, had different ranges of DF (Fig. 7, Table 3). The uniform low K model scenario had the smallest 5–95 
% percentile range in the DF: from 0.90 in topographical highs to 1.10 in topographical depressions (Table 3). The uniform high K 
model scenario, on the other hand, had the largest 5–95 % percentile range in the DF: from 0 to 3.60 (Table 3). The distributed K model 
scenario has an intermediate 5–95 % percentile range in the DF: from 0.32 to 1.73, in between the two uniform K model scenarios - 
uniform low K and uniform high K (Table 3). 

In addition to the spatial variability in the DF, we looked at the differences in the transience in the discharge between the three 
scenarios. That is, the regularity of discharge changes from the average state. The strength of the discharge was relatively constant over 
time in the uniform low K model scenario, as evidenced by the smallest 5–95 % percentile range in the coefficient of variance (CV) 
(1.67 in topographical depressions and 1.87 in topographical highs, Table 3). Contrary to this, the uniform high K model scenario does 
not have this strong, consistent flow and is more easily affected by changes in the groundwater stage, as is shown by the larger 5–95 % 
percentile range in CV (1.05–12.45, Table 3). The distributed K model scenario is intermediate between the two uniform K model 
scenarios (Table 3). The relation of the DF to the transience in the discharge was linear, reflecting the range of stability resulting from 
the different degree of discharge from the groundwater flow system. 

Despite the differentiated DF values between the uniform K model scenario, the spearman correlation between the spatial DF of 
uniform low K and uniform high K was the highest (R=0.96). This indicated a monotonic and ranked correlation between the spatial 

Table 2 
Parameters and performance metrics of model simulation.  

Model scenario Calibration Validation Parameters 

PBIAS (%) KGE PBIAS (%) KGE Kmin (m/day) Kmax (m/day) Symin Symax Ss (/m) 

Uniform low K  0.94  0.73  4.75  0.66  0.003 0.02 4.13E-06 
Uniform high K  -3.39  0.87  6.96  0.84  0.21 0.03 4.13E-06 
Distributed K  0.20  0.90  5.97  0.80  0.003  0.21 0.03 0.15 6.00E-06  
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DF of the uniform low K and uniform high K. The areas corresponding to a high DF in high hydraulic conductivity also show a high DF 
in low hydraulic conductivity and vice versa. Hence, hydraulic conductivity changes the magnitude and range of DF values. 

4.4. Effect of topography and geology on tile flow generation 

The TWI values ranged from 11 to 18 in the study area, with most values between 13 and 15 (Fig. 8). High values formed a stream- 
like network, which indicated the influence of the upslope contributing areas stretching from northwest to southeast (Fig. 8). The 
values of the TPI were between –0.75–0.75 (Fig. 8). 

The DF was related to the TPI (R values from –0.87 to –0.52 in Fig. 9b), which suggested that the DF is controlled by small-scale 
topography, whereas, the DF was weakly correlated to the TWI (R values from 0.37 to 0.21 in Fig. 9a). Thus, the TPI is more 
appropriate than the TWI for assessing spatial variability of the DF in clayey moraine landscapes. 

The relationship between the DF and the TPI was stronger for the uniform K models (R = –0.77 and R= –0.87) than for the 
distributed models (R= –0.52). The slopes among the uniform K model scenarios were significantly different; the uniform low K model 
scenario had a lower slope (–12.66) than the uniform high K (–283.34); higher hydraulic conductivity increased the effect of local 
topographic depressions and peaks on DF. The heterogeneous model scenario depicted combinations of two correlation systems: a 
steep slope for high hydraulic conductivity lenses and a flat slope for low hydraulic conductivity areas (Fig. 9). 

Motarjemi et al. (2021) found an ambiguous correlation between the average tile drain flows and the topographic elevation at field 
scale. They observed a high tile drainage flow both in elevations above 40 m and below 30 m. The reason they were not able to find a 
clear correlation is that topographic elevation itself does not affect the tile drain flow; it is instead the localized relative differences in 

Fig. 7. Spatial patterns in DF for all three model scenarios averaged across one year. The black line shows the transitioning boundary between high 
hydraulic conductivity and low hydraulic conductivity. 

Table 3 
Statistical characteristics of spatial DF (DF) and coefficient of variation (CV).  

Percentile Uniform high K Uniform low K Distributed K 

DF CV DF CV DF CV 

5-th percentile 0.00  1.05  0.90  1.67  0.32  1.07 
25-th percentile 0.10  1.75  0.96  1.79  0.81  1.62 
50-th percentile 0.45  2.65  0.98  1.83  0.98  1.79 
75-th percentile 1.23  4.88  1.02  1.84  1.07  1.85 
95-th percentile 3.60  12.45  1.10  1.87  1.73  2.79 
Dominant flow system Field (1–10 ha) Local (10×10m) Mix  

Fig. 8. TWI and TPI for the model area.  
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Fig. 9. Linear models that relate discharge fractions to TWI and TPI, respectively. The color bar represents the density of data.  
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topography that regulate the tile drain flow. We also found that the DF was weakly correlated to the TWI on the localized scale of 
10 × 10 m (R values from 0.37 to 0.21 in Fig. 9a), which is consistent with the past results obtained by Hansen et al. (2019a) at large 
scale 100 × 100 m. This was because the TWI highlights connected regions and their potential water flow paths. The influence of 
elevation (above mean sea level) is more dominant in the TWI. On the other hand, the TPI shows a localized scale variability inde
pendent of the elevation above sea level. In regions where detailed groundwater models cannot be developed or where limited in
formation about geology and geological heterogeneity is known, this correlation analysis between TPI and DF could be beneficial for 
water managers to understand the spatial tile drain flows and drainage to recharge ratios. 

Mahmood et al. (2023) studied the correlation of topographical and geological variables with spatial patterns of tile drain flows and 
examined the relationship between spatial patterns of tile drain flows and topographical and geological variables. Their findings 
revealed a significant correlation between spatial tile drain flows and topographical variables, including TPI and TWI. However, the 

Fig. 10. Interplay of geology and topography. Example of hydrological flow using a cross-section of a. Uniform low K (low hydraulic conductivity); 
b. Uniform high K; c. Distributed K (heterogeneous hydraulic conductivity). The DF and groundwater heads are averaged across a year. 
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geological variables identified in the study, such as clay fraction and clay thickness, were not available at a high resolution comparable 
to the topographical variables. Furthermore, the study did not incorporate highly detailed geophysics data. Consequently, the 
importance of geological variables in explaining the spatial patterns of tile drain flows may have been underestimated due to the lack 
of adequate data resolution. 

4.5. Use of geological mapping and modelling in hydrological models 

Hydrological modeling requires assumptions about the subsurface structure, which can impact the accuracy of simulated hydro
logical processes (Voss, 2011). Introducing heterogeneity in tile drain flow modelling is crucial to map the flow patterns of the region. 
Though the non-invasive geophysical mapping was a rough estimate for geology, they were a better alternative to invasive methods 
such as localized borehole log information due to the lower cost and higher mapping resolution of the local geology. The use of two 
geophysics methods; DualEM-421 s and tTEM allowed to get near surface (0–5 m) and deeper electrical resistivities up to 80 m depth 
for the study area. Moreover, the application of MPS to fill data gaps resulting in a high-resolution 3D voxel model enabled us to 
delineate geological lenses with high hydraulic conductivity in high detail. 

In this study we estimated hydraulic conductivity values for different parts of the study area. We believe it is crucial to estimate 
hydraulic conductivity values at different electrical resistivities in the study area for a more comprehensive understanding of the range 
of hydraulic conductivity values. While Boico et al. (2022) identified low hydraulic conductivity regions using soil types from borehole 
data in low electrical resistivity measurements, they did not estimate hydraulic conductivity values at different electrical resistivities. 
Hansen et al. (2019b) used electrical conductivity estimates for soil layers up to 3.5 m to represent high hydraulic conductivity zones 
for groundwater modeling. We developed a 3D geophysics voxel model using MPS and used hydraulic conductivity estimates from the 
study area to delineate hydraulic conductivity lenses. 

4.6. Linking flow dynamics to topography and geology – local to field scale 

Fig. 10 shows an example of hydrological flows in different hydraulic conductivity models that explain the interaction of geology 
and topography in the tile drain region at shallow depths. At field scale, the uniform high K scenario had a relatively low DF in the 
northwestern part of the area compared to the southeastern part (Fig. 10). This DF trend was attributed to an overall decreasing 
elevation from 98 m to 82 m in the study area from the northwest to the southeast. This showed that there is more water leaving the 
highest elevation point (DF value < 1) and flowing towards the depression region (DF value > 1). This can also be observed from the 
hydraulic heads in Fig. 11. The uniform high K had a high hydraulic conductivity and allowed water to travel a longer distance than the 
uniform low K model in the northwestern corner This suggests that high hydraulic conductivity gives more preferentiality to field scale 

Fig. 11. Depth to groundwater heads maps for the three model simulation.  
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groundwater flows than low hydraulic conductivity at shallow depths. However, the drainage only affects the upper part of the 
groundwater system and, thus, lateral large-scale flows in lower levels could still exist. 

In the high hydraulic conductivity (Uniform high K model scenario, Fig. 10), the groundwater heads were not following every local 
depression and hill. We rather observed a smoother decrease in groundwater heads from high topography to low topography. The DF 
values were mainly observed in depression regions and not in peaks. The DF values were above 1 in the depressions, which indicated 
that apart from recharge, field scale lateral groundwater flows were dominant. Hence, in the high hydraulic conductivity, besides 
recharge from precipitation, field scale lateral groundwater flows also contributed to the tile drain flow, but only in topographical 
depressions. 

In the low hydraulic conductivity scenario (Uniform low K model, Fig. 10), the groundwater heads followed even the slightest 
depressions and hills of the topography. The DF in the low hydraulic conductivity was around 1, which implied that whatever was 
recharged is contributing to the tile drain flow. However, at every local depression, the DF was slightly above 1, and at every local hill, 
the DF was slightly below 1. These slight changes in the DF at the local level indicated the presence of localized flows from the nearest 
hills to the nearest depression. The slightly low DF in the topographical hill indicated that the recharge is slightly higher than the tile 
drain flow and vice versa. Hence, in case of low hydraulic conductivity, topographical depressions, and hills both contributed to the tile 
drain flow. Localized lateral flows were more dominant than field-scale lateral flows. 

In the heterogeneous hydraulic conductivity scenario (the distributed K model), we observed that the groundwater heads were 
highest in the topographical hill (model grid row 25–30, Fig. 10) than in the other two model scenarios; uniform low K and uniform 
high K, even though the portion of the domain has a mainly high hydraulic conductivity. This happened because the area, after the 
model grid row 50 had low hydraulic conductivity and lateral flow velocity, decreased substantially and hindered the water flow from 
the high elevation to the low elevation. Another interesting phenomenon that occurred, was the pooling of groundwater at the 
boundary of low and high hydraulic conductivity regions (model grid row 51, Fig. 10), which was evident from the increase in 
groundwater heads to the drain level at model grid row 51. This increase in groundwater heads can be confirmed from the high DF 
value (DF=2). The increase in heads and pooling of water could be associated with the hindrance of water to move due to changes in 
the hydraulic conductivity zone, despite the steep slope (from west to east, between model grid row 50–53). Consequently, ground
water heads are unusually higher at the higher elevation of high hydraulic conductivity regions (see Fig. 11). Moreover, in the low 
hydraulic conductivity region (model grid row 52–68, Fig. 10), we consistently observed a DF range close to 1 while in the high 
hydraulic conductivity region the DF range was from 0.2 to 2. From these results we inferred that introduction of heterogeneity can 
disrupt the field scale lateral groundwater flows and result in excessive pooling of water on the boundaries of high and low hydraulic 
conductivities. 

Due to these reasons, the TPI has no linear correlation with the DF in the distributed K model scenario. It appears that two distinct 
correlations exist with the TPI in the distributed K model scenario indicating a more complex preferential flow system (Fig. 9). 
Therefore, geology is important in the DF spatial distributions, that were underrepresented in uniform low K and uniform high K. 

Past studies have conducted correlation analysis between the groundwater table and topographic characteristics (peaks and de
pressions) with respect to hydraulic conductivity on regional and continental scales (Condon and Maxwell, 2015; Gleeson and 
Manning, 2008). We expected some similarity in the correlation analysis between the tile drain flows and the relative topography of 
the current study. At a continental scale, Condon and Maxwell (2015) found a linear correlation only between water table depth and 
steep topography (major peaks and depressions) in high hydraulic conductivity and arid regions. However, at field scale, we found 
contrasting results. Topographic highs and lows, regardless of their steepness, showed a linear correlation in both high and low hy
draulic conductivities with a slightly stronger correlation in the low hydraulic conductivity regions. The discrepancies between the 
continental-scale study and our field-scale study could be attributed to several factors, such as scale-dependent processes, hydrological 
connectivity, and variability in hydraulic conductivity. 

Gleeson and Manning (2008) and Condon and Maxwell (2015) determined that the relationship between topography and 
groundwater table depth deviates from linearity when geological heterogeneity is considered. In this study we did not compare 
groundwater heads with TPI, however, the comparison of TPI and DF showed intermediate correlation suggesting that TPI can only be 
used for linear prediction of the DF in homogenous hydraulic conductivity areas and not heterogeneous hydraulic conductivity areas, 
unless the analysis is carried out separately for each hydraulic conductivity region. 

4.7. Limitations of groundwater modelling technique 

We observed that the DF produced by different geological models show a different spatial distribution (Fig. 7). One can argue about 
the accuracy of the developed model based on two limitations. First, previous studies have emphasized the importance of the impact of 
groundwater heads on tile drain flow generation (Boico et al., 2022), and calibration of the model results to known groundwater heads 
could have improved the predictive use of the model. Second, the groundwater model did not incorporate tile drainage parameters in 
the calibration that could have enhanced the model accuracy, given that drain conductance is influenced by the hydraulic conductivity 
of the surrounding geological deposits. However, the primary aim of the study was to obtain a comprehensive understanding of how 
geological heterogeneity affects the spatial distribution of tile drain flows rather than developing an accurate predictive model. 
Moreover, we developed simplified groundwater models to achieve the main objective and to avoid adding unnecessary complexity to 
the models. 

In essence, this study uniquely addressed spatial patterns of tile drain flows, considering the unexplored influences of topography 
and geology, whereas, prior studies primarily examined the recharge to hydraulic conductivity ratio to discern if a groundwater system 
is recharge or topography controlled (Anderson et al., 2015; Haitjema and Mitchell-Bruker, 2005). The study presented simplified 
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groundwater models, where recharge was applied as main input and tile drainage was applied as a main output. Despite the topo
graphical control on the spatial distribution of DF, geological heterogeneity exhibited varied effects on the spatial distribution of both 
DF and groundwater heads. In Uniform low K, discharge was relatively uniform across peaks and depressions, whereas in uniform high 
K, depressions had higher discharge and hills had lower discharge. Conversely, the distributed K model exhibited water pooling at the 
transition zone between high and low hydraulic conductivity, resulting in higher discharge at the zone boundaries. The findings 
suggested that the uniform low K and distributed K models were predominantly controlled by topography, in contrast to the uniform 
high K model, which was influenced by a combination of recharge and topography. Overall, this study highlighted the influence of 
small-scale geological variations on the spatial distribution of drain flows which are often underrepresented and not considered due to 
the lack of detailed geological information. 

5. Conclusions 

In conclusion, our study has taken a significant step in addressing the challenges of geological heterogeneity in groundwater 
modelling. We successfully captured the geological heterogeneity of the field by integrating 3D geophysical data with hydraulic 
conductivity estimates. We demonstrated that developing site-specific relationships between hydraulic conductivity and electrical 
resistivity, as well as using distinct resistivity thresholds for 3D groundwater modeling, holds promise for incorporating geological 
models into groundwater model simulations. 

We concluded that the TPI predicts the high and low tile drainage discharge regions while hydraulic conductivity decides the 
magnitude of the tile drain flow in regions with homogeneous hydraulic conductivity, especially in clayey moraine landscape. 
Moreover, we demonstrated that heterogeneous hydraulic conductivity does not show a strong direct relationship with the TPI and 
depicts complex preferential flow behavior. That is why, in heterogeneous soils, the delineation of high and low hydraulic conduc
tivities within the field is useful if the aim is to study the spatial distribution of tile drain flows. 

The results of our study could be beneficial for water managers to spatially partition groundwater recharge and surface water 
fluxes. Understanding the association of topography-geology interaction and the spatial patterns of tile drain flow at a small-scale 
(10 m) will likely be critical as water managers move toward a more spatially differentiated understanding of the hydrological sys
tem. While our work focused on a relatively homogeneous clayey moraine landscape, the principles are applicable to other landscape 
types. 

Overall, our research underscores the importance of comprehending local topography-geology interactions to accurately charac
terize the factors controlling tile drainage discharge. Knowledge of the groundwater flow system and the range of possible topography- 
geology interactions will narrow the uncertainty and give bounds for what can be expected from the system. Although it is encouraging 
that the groundwater system can be simulated numerically (giving rise to quantitative predictions throughout the watershed), more 
information regarding the controlling processes (such as spatial groundwater head distribution) that link topography-geology inter
action to the DF is needed to attain truly integrated watershed management. This ‘landscape’ understanding of the system will likely 
become important as society demands more quantitative and spatially distributed answers from watershed managers. 
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